Tu‘fowlml 3 (Tom '1‘1,3[)

Leon, Li

ACd.Jem-‘c Bu]ld/‘/{j ﬂ_‘ Reom 905

ylli @ wath cohl edo. hk




|
@I\ Ft'ncl the ave,mge, Vqu& of ‘H]L ‘ch‘f;fon, ‘?(X,y): N
over T annu|or region D={(x,y)e/R‘\d‘s Xyt < \oz},wLm O<a<b .

gU\) B\/ A@ﬂﬂi‘f}'lOv\,, Owveragy, 3 §F ower D :P‘ie:ib_) &Dg‘fb(.\/)AA
Y

/)

£
S

St”P i" EXPHSS D i torme of Polmv C«?Urnln'nqtes X=rasd, y:rsfn[}‘

Prctue :

ez

D= {r.0)e (0,+0)x T | acreh?
S‘fk{: 22 (A)wlr)u‘k Akem(b>_
Mefhoﬂl 1 E)/ o'od“ﬂ l\'l'lielym\'- Aven (D) = gSiJA
D
=0 rdder= [ IET g = §7 (55)do = L5207 = it
Method 2.5 By clemantory geometryt Avea D)= Asea(O) ~Aren (0

= Tb" - T = T (ba’)



S‘f:z,F 2 COMPu‘bc, SDI foay) dA Usf@ Po\w onorallnates
thon  Flr.0) = —d(r— = v

Sbfﬂx.y)JA = S”ﬂ jj'?.m;rw

>UETJU‘> Uﬁ Jr)
= 277 (b-a)
S‘f:ep 4+ : Compv‘t@ the average of T over D),

_ 1
Avm% = Rreall) ng"f(x.y)mlA = #_w) » ATlb-a) = %



V2

@Z\) EVO\\UM'[:L S\#g;ﬁ{? Xy Jydx * S 150 W) dydx + S;i g?xyd/o’x :
1 ] L— 1

I Ji Ir
Sol ) Method 1+ Divect Compv‘f:uﬂom.

R PR ST MR ) R g

| _ 2 5) et
:S [£- CI j‘ﬁ[%}zjxﬂrﬂiﬂ&z._. =

Method 2: Understand thy domain of itegrbion [)i= D, uDz v D .
= {lx

whie D]L ={fx,vlé//f| | x <8, 0y ¢xt

I e dYex }

Dy ={ley) | msxs2 |, o <Ysmst
Pfc‘twc’-z

D ={ln® ! 0sO<TE; | 52}

> X




: rsing) vr d&
yia = fF [ lrost
I+:[[-r:ﬂi—< &( X/

(g— s smg d&) ( rfol

- [sdefopey

OL’-;?:(



@3) Finc( the volwme ¢ the solid enc'o;eJ })y the C)’Iihdw Y=)<1
and The planes 220, ytz=1.
Sol ) Step 1 ¢ Shetch the sdid D,
Z

YTZ.-;[

g‘fj@r 2 EKPH’?S D n torms o coordinates ,

D= {00y,2) €R | -lsxs 1, eyl oz<ioy ¢



Step 3+ Compote the volwe 8 D by “briple byl .
Volome = SIFL-dv = 5. 101" dadydx

’ = 1L [210"dy dx

= 0 dy de
= Ly-%$1. ds

= [ (0-D-6-H) b
= [ (4 E) d

=2, (k- %+ )

_or W xsq!
\Z]—‘E "3 j0do
=2(3-4-%)

_ 3

Dem[k" A\’tww‘h've‘yJ the Voluw, Cun e memd by o dooble (o

0 Ftoy) dA  where {DI= § o0y 6 -1ex g1, ey <1}
S

Joep=1-y



